Ungulate grazing and trampling strongly affect pastures and ecosystems throughout the world. Ecological population models are used for studying these systems and determining the guidelines for sustainable and economically viable management.
| INTRODUCTION
Throughout the world, large mammalian herbivores strongly affect their pastures and can have significant effects on entire ecosystems (Hobbs, 1996) . Herbivores directly affect plant species composition and diversity by grazing or browsing and indirectly by trampling, urination, and defecation (Augustine & McNaughton, 1998; Hobbs, 1996) .
Herbivore management is often very intensive, especially with ungulates that have high economic value (Gordon, Hester, & Festa-Bianchet, 2004 ). All ungulate-pasture systems are under direct or indirect human influence (Augustine & McNaughton, 1998) , which can deviate the system far from its natural state and sometimes lead to overgrazing (Mysterud, 2006) . The introduction of new herbivore species, predator removal, and supplementary feeding can all cause a situation where herd size increases to a very high level, which strongly affects the resource species and ecosystem in question (Frank, McNaughton, & Tracy, 1998) . One of the main tools in managing ecosystems is to set animal densities at desired levels, and therefore, understanding the relation between ungulate populations and plant communities is crucial from a management perspective (Augustine & McNaughton, 1998) . As ungulate systems affect large areas over a long time scale it is often too costly to use empirical field experiments for studying ungulate-plant dynamics. However, ecological population models are apt methods for studying these systems.
Ecological models are common when studying population dynamics, the outcomes of different management actions, and the optimal use of natural resources. One of the central objectives in applied ecological research is to provide objective information that ecosystem managers can use to achieve economic, conservation, and environmental goals (Gordon et al., 2004) . Simple models can provide understanding of the qualitative dynamics in herbivore-plant interaction, but we need more complex models with a firm empirical background to have sufficient quantitative solutions and predictions.
Validation and parameter estimation are necessary steps in ensuring that model results are suitable for this purpose (Mayer and Butler 1993) . Complex system models are difficult to validate, as data acquisition is often time-consuming and costly (Brown & Kulasiri, 1996) .
For the same reasons detailed models for mammalian herbivores often lack validation and empirically based estimation of some key parameters (Sleep & Loehle, 2010) . In our study, we use detailed data from northernmost Finland to parametrize and validate a complex reindeer-lichen model. We then use the validated model with estimated parameters to study the solutions for optimal management and compare them with previous research and empirical data from the herding districts.
One key task in ecology is to study how plants and ecosystems are affected by high herbivore densities (Hansen, Henriksen, Aanes, & Saether, 2007) . Herbivore-plant models are used for this purpose, as they focus on the interaction between herbivores and their resource species. Herbivores reduce plant biomass by consuming it for energy and by wasting it, for example by trampling. In classical biomass models for predator-prey interaction, the conversion efficiency parameter describes how efficiently the depletion of prey converts into the offspring or biomass growth of predators. This conversion efficiency parameter can be interpreted to account for the inefficiency in converting an ingested resource into new biomass along with the wastage of the resource. In complex herbivoreplant models, the conversion of a resource to new offspring (and growth) is described through mechanisms that usually include at least the energy composition of the resource and the energy budget of the herbivore, from which growth, mortality, and reproduction are computed. These processes are described in great detail and are based on vast empirical research. However, resource wastage is not often taken into account or is described with less empirical basis and detail. Oene et al. (1999) developed a model of plant-herbivore interaction and described the wastage of plant species by herbivores as a fraction of the food intake. Wastages by cattle used in Oene et al.
(1999) varied from 0.1 to 4 depending on plant species, and thus, the results were heavily influenced by this parameter. Gaare and Skogland (1979) described the lichen wastage relative to intake rate as a function of lichen biomass in their elementary reindeer-lichen model. Based on preliminary data, they suggested that lichen wastage varies between 2 and 10 times the intake rate. Moxnes, Danell, Gaare, and Kumpula (2001) also described wastage as a function of lichen biomass in their bioeconomic reindeer-pasture model, but the wastage level was substantially lower than that used by Gaare and Skogland (1979) and varied from 0.5 to 4.5 times the intake rate. Moxnes et al. (2001) found that lichen biomass in an optimal steady state is lower than the biomass that maximizes yearly lichen growth.
The main reason for this was that the wastage relative to the intake rate was assumed to be a function of lichen biomass. Tahvonen, Kumpula, and Pekkarinen (2014) used a constant relative wastage of 0.3 times the wintertime intake rate, and Pekkarinen, Kumpula, and Tahvonen (2015) included wastages also for the spring, summer, and autumn seasons, which were 0.6, 2, and 0.6, respectively.
They found that at the same quantity of available lichen pastures the annual net revenues and optimal herd size are lower without a pasture rotation system. This is because without pasture rotation lichen pastures are highly degraded during summer, which is mainly caused by trampling.
As seen above, the estimates for lichen wastage vary substantially, and despite the wastage strongly affecting the results of previous models it has not been quantified with empirical data. In our study, we compute the first data-based estimate of this critical wastage parameter using detailed data from the 20 northernmost reindeer herding districts of Finland. We then use the estimated parameter value in the validation of an age-and sex-structured reindeer-lichen model. The validation and parameter estimations are performed to study how well the model can describe changes in lichen biomass when reindeer numbers, management practises, and pasture types are known. We use the validated model to study how the new estimated lichen wastage changes the solutions for economically viable reindeer husbandry. Finally, we use the model to evaluate the current situation of the reindeer-lichen system in northernmost Finland.
| DATA AND METHOD
We use a model published by Tahvonen et al. (2014) and Pekkarinen et al. (2015) . It describes an age-and sex-structured reindeer population and the dynamics between the reindeer population and lichen pastures. It also includes the effects of arboreal lichen pastures, supplementary feeding, and the pasture rotation system. The model includes 17 female and 13 male age classes and a detailed description of winter energy resource utilization by the reindeer population. Reproduction in the model is specified by a modified harmonic mean mating system, and the diet choice between various winter energy resources follows the principles of the optimal foraging theory.
Wintertime energy intake defines an individual's overwinter weight decrease and its consequences on mortality and reproduction. Lichen growth in the model depends on habitat type and lichen biomass after consumption. We use the model formulation presented in Pekkarinen et al. (2015) , and the parameter values describing the pasture conditions, management practises, reindeer numbers, and the mortality due to traffic and predators are from the actual data for northernmost Finland (Table 1, Appendices 1 and 2 ). In addition, the description and parameters for lichen wastage are estimated in our study.
| Data from the herding districts
Parameter values for the pasture conditions and reindeer herding practises are shown in Table 1 Kumpula et al. (2014) , formula from Pekkarinen et al. (2015) . g Estimated effects on lichen growth rate based on heavy metal concentrations measured in mosses (Metla 2012 Lechowicz (1982) showed that nickel and other air deposited heavy metals can decrease the growth rate of lichen. Kumpula, Kurkilahti, Helle, and Colpaert (2014) also found that the heavy metal deposits transported by air from metal foundries affected the lichen biomass and probably also their regeneration rate. We take this into account in our model by decreasing the growth rate of lichens for herding districts where high nickel and copper concentrations have been observed in moss samples (Metla 2012) . We assume that in herding district 5, where the measured nickel concentration is more than 15 mg/kg, lichen growth is reduced by 60% because of the effect by heavy metals accumulation. In herding districts 3 and 6, the concentration is 9-12 mg/kg, and the growth rate reduction is 40%. In districts where the concentration is 3-6 mg/kg; the growth rate reduction is 20%. We performed a sensitivity analysis by decreasing and increasing the effect of heavy metal deposits by 50% and also by computing the validation and parameter estimation results without the effect of heavy metals. Kumpula et al. (2014) also showed that the total coverage and disturbance area of infrastructure affected the lichen biomass on pastures. They suggested that infrastructure and disturbances might increase the effect of reindeer on lichens by increasing movements, trampling, and temporal grazing pressure. We take this into account by increasing the total lichen wastage with infrastructureinduced wastage. We describe this infrastructure-induced wastage as a function of the area of infrastructure-associated disturbance in the study districts. We assume that when 25% of the area of a herding district is under a disturbance, the infrastructure-induced wastage is 1. Thus, the value of infrastructure-induced wastage varies between 0.1 and 1.088 depending on herding district. We performed a sensitivity analysis on infrastructure-induced wastage by decreasing and increasing the effect of this wastage factor by 50% and also by computing the results without the effect of infrastructure.
| Data for reindeer numbers and mortality
The data for reindeer numbers and mortality for [1995] [1996] [1997] [1998] [1999] [2000] [2001] [2002] [2003] [2004] [2005] [2006] [2007] However, when the data from the herding districts (Appendix 2)
show that more than 10% of reindeer were uncounted during some year, we then use that value for the given year to correct the average estimate. We also assume that the share of uncounted reindeer is equal between all age and sex classes.
The mortality data from traffic accidents are assumed to be precise, but the total number of reindeer lost due to predation is not well known. When the Finnish government pays compensations for predation (Finlex 2009) , it estimates that one-third of the dead reindeer are not found. In our study, we use this same estimate and assume that the true number of adult reindeer dead because of predation is 1.5 times the number of reindeer reported dead due the predation. In our data, the yearly variation within the reindeer herding districts was relatively small; thus, we use the long-term average mortalities, which varied from 1% to 6% between herding districts (Appendix 2). The number of predated calves cannot be derived from the mortality data, because the predation on calves takes place mainly during the summer season when it is difficult to find dead calves because they are often completely consumed by predators. However, for parameter estimation and model validation, we can directly use the number of calves reported in autumn.
Estimates for calf summer mortality are needed only when we compute the management solutions for the model with data from the herding districts. For that calculation, we assume that calf mortality is 10%.
| Cross-validation for parameter estimation and model validation
Model validation must be performed using data that have not been used for building the model or in parameter estimation (Fielding & Bell, 1997) . However, one problem with this is that it is often too difficult or costly to acquire new data for the validation. In many studies, sample splitting is used as a simple solution, and the data are split between "a calibration sample" and "a test sample." However, using this method means that half of the valuable data are lost for both parameter estimation and model validation, when using small-sized data.
This problem can be solved using leave-one-out cross-validation (also known as jackknife sampling) (Fielding & Bell, 1997; Hawkins, Basak, & Mills, 2003) . In this method, each data point in a sample (sample size = n) is removed in turn, and the calibration is performed using the rest of the data (n − 1). For model validation, the calibrated model is next used for predicting the single value that is compared with the value left out of the calibration sample. This procedure is repeated n times, and each data point is removed in turn. Thus, each data point can be used for validation and parameter estimation, and the model is calibrated for each validation computation without utilizing the data used in the validation.
We use this cross-validation method for estimating lichen wastage and for validating the model's ability to predict lichen biomass change.
Data for each herding district are left out in turn, and the parameter estimation is performed using the remaining 19 herding districts. We then used the model and estimated a wastage parameter to predict the lichen biomass change in the herding district that was left out from the parameter estimation. This is repeated for all 20 districts. Thus, for each herding district, the wastage parameter used in the model validation is estimated without using data from that district.
| Comparing model and data with modeling efficiency
Both model validation and parameter estimation require comparisons between model predictions and observed data. A comparison can be made using subjective graphical visualizations and/or objective statistical techniques. Both are useful, but parameter estimation automatization using computers requires statistical techniques. As a visual comparison we use observed vs. predicted plots recommended by Mayer and Butler (1993) . For statistical comparison, we use modeling efficiency, which is suggested as a best overall measure of agreement between observed and simulated values (Mayer & Butler, 1993) . It is a dimensionless statistic that directly relates model predictions to observed data and is defined (in the framework of this study) as: We additionally compute the Pearson product-moment correlation coefficient as a description of the correlation between model predictions and the data.
| Estimating parameters for lichen wastage
In our study, we estimate the parameters for lichen wastage using a model and detailed data. All other model parameters are predetermined based on existing research and data. The predetermined parameters are presented in Table 1 , Appendices 1 and 2, and Pekkarinen et al. (2015) . In Pekkarinen et al. (2015) , the wastage is described as a constant share of total consumption. However, Gaare and Skogland (1979) and Moxnes et al. (2001) define the wastage relative to intake rate as a function of lichen biomass. We test whether or not the wastage relative to intake rate is better described by a function of lichen biomass or by a constant. We use a linear function, as it is the simplest way to describe wastage relative to intake rate as a function of lichen biomass:
Parameters p e1 and p e2 indicate the wastages when lichen biomass is 0 and 1,000 kg/ha, and z t is the lichen biomass in year t.
Parameter estimation can be performed by minimizing the loss function or maximizing the probability of observing the experimental data (Jaqaman and Danuser 2006) . In our study, we maximize the modeling efficiency to find the wastage parameters for winter (p wi,1 , p wi,2 ) and summer (p su,1 , p su,2 ) that give the best fit between the model and data. The objective was given as:
The total number of herding districts used in our study is 20, but during parameter estimation with cross-validation each of the districts is taken out in turn, and therefore, the number of districts
(2) W e = p e,1 + (p e,2 − p e,1 )z t ∕1,000, e = wi,sp,su,au.
in each estimation is 19. We use the estimated wastage parameters for model validation, but as we use cross-validation, the parameters are estimated separately for each district without using data from that district. Thus, we have not used the calibration data from the district in which the prediction of the lichen biomass is performed in the model validation. However, as the same dataset is used for both parameter estimation and model validation, the data points are not totally independent of each other temporally and spatially. For example, our data describe the time period from 1995 to 2008, and thus, general weather conditions during these years may have an effect of the solutions.
When the wastage relative to the intake rate is constant it can be described with a single parameter for each season (i.e., p wi,1 = p wi,2 and p su,1 = p su,2 ). We call this case constant wastage. But when wastage relative to intake is described as a linear function of the lichen biomass (i.e., p wi,1 ≠ p wi,2 and p su,1 ≠ p su,2 ), we need two parameters for both winter (p wi,1 , p wi,2 ) and summer (p su,1 , p su,2 ). This we call linear wastage. For both linear and constant wastage, the maximization is subject to the model presented in Pekkarinen et al. (2015) with values from 
| Economic optimization
We compute the optimization results the same way as described in Pekkarinen et al. (2015) using both constant and linear wastage.
We also compare the optimal solutions with the data from the 20 northernmost herding districts in Finland. As we have used cross- The objective is subject to the model presented in Pekkarinen et al. (2015) and equation 2 from this study with parameter values from the parameter estimation. When optimization is performed using values from a herding district the parameters are taken from Table 1 , Appendices 1 and 2. For all optimizations, we apply Knitro (version 7.0.0) optimization software that applies powerful gradient-based interior point algorithms (Byrd, Nocedal, & Waltz, 2006) .
| RESULTS

| Parameter estimation
We first estimated the best-fitting values for lichen wastage during winter and summer assuming that the relative wastage is not de- and 0 for winter. At a lichen biomass level of 1,000 kg/ha, the wastages were 9.6 and 0.7 for summer and winter, respectively. Our data points cover lichen biomasses from 65 to 1,800 kg/ha (see Table 1 ).
Evaluating the wastage for higher lichen biomasses was not possible using our data.
| Model validation
We first tested model validity using constant values for wastage.
Visual observation (Figures 2a and 3a) and modeling efficiency (EF = 0.52) showed that if the wastage relative to intake rate is constant, the model can describe the changes in lichen biomass relatively well. However, the model tends to predict too low lichen biomasses when the measured biomass is low (less than 300 kg/ ha). We then tested the model with the estimated linear function for lichen wastage. The model very efficiently predicted both the change in lichen biomass (Figure 2b ) and the direction of the change 
| Comparing model versions
The study by Pekkarinen et al. (2015) extends the model by Tahvonen et al. (2014) by including pasture rotation, supplementary feeding, arboreal lichen pastures, and various growth rates for ground lichen.
We additionally included the effects of heavy metal deposits and infrastructure-associated disturbance in our study. Table 2 Figure 5 shows the effect of interest rate and feeding costs on the choice of using supplementary feeding in the optimal steady state.
| Economic optimization
Changing the constant wastage level from 0.3 to 0.5 does not affect whether or not supplementary feeding is used in the optimal steady state. However, with the linear wastage function, supplementary feeding is also used in the optimal steady states with higher feeding costs. Figure 6 shows the comparison between the optimal steady-state solutions and the data. The model solutions are computed with a linear wastage function, a 2% interest rate and using data from Table 1 ( where reindeer numbers were much lower compared to the optimal solution. In all other districts, the lichen biomass has decreased or increased only slightly. Figure 6b shows that in the present situation the lichen biomasses in optimal solutions vary between 200 and 700 kg/ ha depending on the herding district. The biomass range in the data F I G U R E 4 Yearly net incomes and reindeer population sizes with their optimal points in steady states corresponding to various lichen biomasses. The wastage relative to the intake rate is constant in the solutions represented by the solid lines. In the case of a dashed line, the relative wastage is a linear function of lichen biomass Lichen biomass, kg/ha 0 500 1,000 1,500 2,000 2,500 3,000
| Comparing optimization results with data
Annual net income in steady state, € per 1,000 ha is also relatively similar, varying from 100 to 800 kg/ha. However, the biomass in 2008 was lower than the biomass from the optimal model solution in more than half of the districts.
| DISCUSSION
According to our results, when lichen biomass is below 1,000 kg/ha, the best fit between model predictions and data is found when the wastage during winter is between 0 and 0.7 times the intake rate. As our method assumes that the reduction in lichen biomass from 1995 to 2008 depends only on factors taken into account in the model, it is possible that the true wastages are somewhat smaller than those reported in our study. This would be the case if, for example, tourism would have a large enough effect on lichen biomass relative to the effect by reindeer. However, reindeer-related processes are generally seen as the primary factors affecting the reduction in lichen biomass . Figure 7 shows that the wastage values used in previous bioeconomic optimization studies by Moxnes et al. (2001) , Tahvonen et al. (2014) ,and Pekkarinen et al. (2015) are all within this range. However, wastages used in Gaare and Skogland (1979) are much higher. They reported that based on preliminary data the wastage is twice the intake when lichen biomass is at the lowest utilizable level and 10 times the intake when lichen biomass is at carrying capacity. According to our results, these values are too high to be used for wintertime. However, our results indicate that wastage mainly due to trampling is much higher in the summer season than in winter. Thus, wastages described by Gaare and Skogland (1979) might better describe the average wastage throughout the entire year. In fact, our results show the average wastage for the entire year when using the linear wastage function to be 2.5 at the minimum lichen biomass and 4.4 at a lichen biomass of 1,000 kg/ha. These values are close to the results by Gaare and Skogland (1979) .
Our results show that the Pekkarinen et al.'s (2015) reindeer-lichen
model is able to describe the changes in lichen biomass with good accuracy when newly estimated lichen wastages are used. This is the first time that a complex dynamic consumer-resource model for a reindeer-lichen system, or any other ungulate-plant system as far as we are aware, has been validated with respect to its ability to describe changes in resource abundance. Our work shows that a detailed description of the system that takes into account all relevant factors can be made accurate enough to be used for describing and predicting changes in the system and also for studying sustainable management.
This requires both the parameters and model structure to be in line with the real system. We showed that the model without relevant extensions was unable to describe the system with good accuracy, even with the estimated wastage parameters.
F I G U R E 5
Interest rate effect on the use of supplementary feeding in the optimal steady states. Curves represent the feeding costs for which it is optimal to offer supplementary food as a main winter energy resource for reindeer, resulting in very low lichen densities. Feeding is not used in situations located above the curves, and reindeer herding is based on natural pastures. Intensive supplementary feeding is used below the curves, leading to very low lichen densities. Results are computed for a district with closed pasture rotation, a high lichen growth rate and no arboreal lichen pastures In the cross-validation method, the data used for the validation run are not used in corresponding parameter estimation, thus allowing the same data to be used in both parameter estimation and model validation. However, the best option for model validation would be to have new independent data, but unfortunately this is often not possible when studying large, complex systems. This has also been the case in our study, as our sample size is only 20 herding districts. Thus, a study with new datasets would further increase the reliability of the validation and the quantitative predictions by the model. However, the fact that all predetermined extensions (except supplementary feeding) increased the model fit to the data indicates that the structure and various components of the model represent the system well. Pekkarinen et al. (2015) used the reindeer-lichen model to compute the optimal solutions for the system. In our study, we used the same model with new wastage parameters. We found that the qualitative results are similar with various wastages, but there are important quantitative differences. Lichen biomass, size of reindeer population, and net revenues in the optimal steady state are lower with the new wastage values. We also found that when the wastage relative to the intake rate increases as a function of lichen biomass, it favors the use of intensive supplementary feeding in the optimal steady state. Pekkarinen et al. (2015) assumed that wastage during the summer period is twice the intake rate and found that a closed pasture rotation system should be used to prevent the trampling of winter pasture resources during summer. In our study, we found that the wastage during summer is three to five times higher than those used by Pekkarinen et al. (2015) . Thus, reindeer management based on natural pastures benefits from seasonal pasture rotation even more than previously expected. This also suggests that without pasture rotation it is more likely that the optimal solution includes the use of supplementary food in the long-term steady state. In Sweden and Norway, a pasture rotation system is used in most cases, leading to summertime trampling to be a problem mainly in Finland. However, trampling has also caused the deterioration of lichen pastures in other Nordic countries when reindeer have been introduced to islands, fences have blocked the movements of reindeer, or reindeer density has increased to a very high level (Hansen et al., 2007; Moen & Danell, 2003) .
Overall the solutions for optimal management do not differ much when a constant share of wintertime wastage is changed from 0.3 used by Pekkarinen et al. (2015) to 0.5 found in our study. If the wastage relative to intake rate is described with an increasing linear function of lichen biomass, the differences in the results are larger.
However, qualitatively (how well the model analyzes describe various effects and mechanisms in the system) the results remain similar and both constant and linear wastage works relatively well in model validation. Furthermore, it should be recognized that the actual wastages are probably slightly lower than those found in our study because other factors besides reindeer consumption, infrastructure, and heavy metals might also affect the reduction of lichen biomass. The actual growth rate of lichens might also be lower than used in our model if grazing and trampling additionally reduce it. For the same reason and because of the high lichen biomasses in districts 4, 5, and 6 in year 1995 (see Table 1 ) strongly affect the solutions and favor linear wastage compared to constant wastage, it is possible that the dependence of wastage on lichen biomass could be smoother than that found in our study and thus closer to constant wastage.
We used the validated model to compare actual reindeer numbers and lichen biomasses to optimal management solutions. We found that with the linear wastage function the optimal lichen biomasses in steady-state solutions are lower than those found in previous optimization studies. However, it appears that these optimal lichen biomasses were still higher than in the present situation in most of the herding districts studied. Accordingly, the number of reindeer was also clearly higher in all except two herding districts. This shows that lichen biomasses may still continue to decrease in most of the districts at current reindeer levels and pasture states. This would lead to reindeer management having to increasingly rely on supplementary feeding.
From the herders viewpoint this might still be the optimal solution if they receive government subsidies, prefer a higher interest rate and/ or have access to low-cost supplementary food (see Figure 5 ). Herders might also keep larger herds as a risk reducing strategy in a stochastic environment (Naess & Bårdsen, 2010) or to gain social status within the community (Johannesen & Skonhoft, 2011) . However, the longterm changes in species composition and for the entire pasture ecosystem will be difficult to predict.
Mysterud ( can also be used for other similar ungulate-pasture systems if the resource biomass is strongly affected by ungulate grazing. However, this
is not always the case as some plants tolerate or even benefit from grazing (Hobbs, 1996) , and thus, the effects of grazing and trampling do not necessarily show as reduction of plant biomass in following years (Kohler, Gillet, Gobat, & Buttler, 2004) . In addition, a complex model for estimating wastage and assessing overgrazing requires detailed data of population density and pasture conditions. Such data are difficult to gather for wild ungulates, but bookkeeping is often kept on at least the number of animals for semi-domesticated and domesticated animals. Still, even data on the number of animals are not always precise. We observed that a certain part of the reindeer population is not counted, possibly because all reindeer are not found during the gatherings. As far as we know, this was the first time that the number of uncounted reindeer has been assessed and included in an analysis.
In addition to accurate data on population densities and pasture conditions, the model must be detailed enough to take into account all relevant factors of the system, if this approach is to be used for quantifying overgrazing. Otherwise the model's ability to describe the impact of herbivores on plant communities remains low, even if the wastage is estimated using detailed data and optimization.
| CONCLUSIONS
Our study uses detailed data to parameterize and validate a complex reindeer-lichen system model. Validation can never prove a model right, but it can help show how it relates to the measured data and represents the problem entity (Brown & Kulasiri, 1996) . We found that the Pekkarinen et al. (2015) model can be used relatively accurately for studying actual reindeer-lichen management systems in northernmost Finland and that their results are well connected to the empirical data. We also show that an overly simplistic model cannot take into account all relevant factors in the system. For example, models for a reindeer-lichen system should be able to describe districts with and without pasture rotation systems.
Our study presents the first data-based estimate of a lichen wastage parameter used in reindeer-lichen models. Wastage by trampling can affect lichen biomass even more than lichen intake; thus, the effects of wastage are as important as other effects of herbivory.
Although lichens are probably one of the food resources least tolerant of herbivore grazing and trampling (Mysterud, 2006) , the effects of wastage should always be quantified when any herbivore-plant system is studied with complex models. This is especially important with larger ungulates that have a greater ecological impact because of their large hoof size and long daily walking distances (Cumming & Cumming, 2003; cf. Hobbs & Searle, 2005) . However, empirical studies that quantify wastage parameters are extremely rare and difficult to directly adjust to models for ungulate-plant systems. We show how data and a plant-herbivore model with a detailed description of resource intake can be used for estimating wastage levels. Whether or not this approach is suitable for other ungulate-pasture systems depends highly on plant species tolerance for consumption and trampling. Empirical field research of wastage and trampling is certainly still required. 
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